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Comparing Some Models for Predicting the
Density of Liquid Mixtures
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The Mchaweh–Nasrifar-Mashfeghian, Hankinson - Thomson, Yamada - Gunn and Reid et al. models were
used to estimate the liquid density of the binary mixtures methyl tert-butyl ether (MTBE) + (n-hexane, n-
heptane, benzene and tert-butyl alcohol (TBA)) at the range 288.15-313.15 K and atmospheric pressure,
over the whole concentration range. All the four theoretical models studied in this work predict with accuracy
the liquid density of pure compounds. The Mchaweh–Nasrifar-Mashfeghian model gave the best results for
all mixtures, and Yamada - Gunn correlation with the mixing rules proposed in this work gave also accurate
results only for MTBE+(n-hexane, n-heptane and benzene).
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Density is an important physical property used in
calculating of the molar refraction, parachor and the dipole
moment. Also, the density of liquids is used to estimate
other physical properties such as boiling temperature,
viscosity and superficial tension. The correct values of liquid
density are important because they are involved in the
equations of heat, mass, and momentum transfer.
Knowledge of the density at varied temperature and
pressure conditions is necessary in calculations of design
equipment and to simulate the physico-chemical
processes. The density of liquids can be determined
experimentally, but may be correlated and estimated by
different analytical relations. These analytical expressions
and models are usually based on adjustable parameters
for each fluid and on the group contribution methods [1].
Many expressions for predicting the liquid density are based
on the corresponding state principle [2-9].

Methyl tert-butyl ether (MTBE) and 2-Methyl-2-propanol
(TBA) are two oxygenated compounds included in
reformulated gasoline to raise the octane number. In this
work, four models are applied to estimate the liquids density
of the binary mixtures methyl tert-butyl ether (MTBE) + n-
hexane, n-heptane, benzene and tert-butyl alcohol (TBA)
respectively, at the range 288.15-313.15 K and atmospheric
pressure, over the whole concentration range.

Theoretical models
Mchaweh–Nasrifar-Mashfeghian model

Mchaweh, Nasrifar and Mashfeghian (M-N-M) [9-11]
reported the following correlation:

(1)

where ρmix is the solution density, and  ρmix is the critical
density of the mixture.

The critical density of the mixture is calculated with the
following equation:

(2)

where  xi is the molar fraction, and ρci  is the critical density
of the i component.

The parameter ρ0mix is the reference density of the
mixture and calculated with the following equation:

(3)
where the temperature-dependent variable τmix is
calculated by the following expression:

(4)

In equation (4) Trmix  is the reduced temperature of the
mixture and αSRK is the term from the original Soave-
Redlich-Kwong equation of state. The reduced temperature
of the mixture is defined as:

(5)

where Tci is the critical temperature of the i component.
The parameter αSRK is defined in term of reduced

temperature (Tr):
(6)

where m is calculated with equation (7):

(7)

The acentric factor of the solution  ωmix is calculated
with the following expression:

 (8)

where ωi is the acentric factor of the i component. The
acentric factor is a measure of the complexity of the
molecule as form in relation to a molecule with spherical
symmetry of a simple fluid for which ω =0.

Hankinson and Thomson model
Hankinson - Thomson model (H-T) [12] is based on the

corresponding state principle and is valid for 0.25 < Tr <
0.95. The density of the pure compound is defined by:

(9)

where V(o)  and V(1) are calculated with the following
equations:
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(10)

(11)

The reduced temperature of the component is defined
as:

(12)

Yamada and Gunn model
Yamada - Gunn model (Y-G) [13] extended the Racket

equation and requires the molecular weight M, the critical
density ρc, the reduced temperature Tr and the acentric
factor ω:

(13)

Reid et al. model
Reid et al. (R-R) [14] model proposed an equation based

also on the molecular weight, critical density, reduced
temperature and acentric factor:

          (14)

The mixing rules
In order to extend the Hankinson - Thomson, Yamada -

Gunn, and Reid et. al models to multicomponent systems,
we propose the following mixing rules, based on Kay rule
[15]:

The acentric factors of the components were obtained
[16] by the following equation:

 (18)

where:
pc is the critical pressure (atm);
Tc - critical temperature (K);
Tf - boiling temperature (K) at p = 1 atm.

Results and discussion
The densities for the pure compounds and liquid

mixtures studied in this work and details about the
experimental technique were presented in previously
published works [17-19]. In order to evaluate the accuracy
of the M-N-M, H-T, Y-G, and R-R models, the liquid density
of the pure compounds and of the mixtures were calculated
at each experimental temperature and compared with the
experimental density. The critical properties of the pure
components were taken from the literature [20] and are
presented in table 1. This table contents also the acentric
factors for studied compounds.

Table 2
LDPD FOR PREDICTION OF LIQUID DENSITY OF PURE COMPOUNDS

USING DIFFERENT THEORETICAL MODELS

Table 1
CRITICAL PROPERTIES FOR THE COMPONENTS OF THE BINARY SOLUTIONS

(15)

(16)

(17)
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In order to compare the Mchaweh–Nasrifar-
Mashfeghian, Hankinson - Thomson, Yamada - Gunn, and
Reid et al. models used to estimate the liquid density for
pure compounds, the liquid density percent deviation
(LDPD) were calculated with the equation [10]:

(19)

Tables 2 and 3 shows the values of the LDPD calculated
for pure components for all the models studied in this work.

Studying the results from tables 2 and 3, some
observations are possible:

- all the four theoretical models studied in this work
predict with accuracy the liquid density of the MTBE, n-
hexane, n-heptane and benzene (LDPD < 1.94);

- the M-N-M model is the best to estimate the density of
MTBE, n-hexane and n-heptane and Y-G correlation is the
second;

- for benzene the M-N-M model is the most accurate
and the R-R correlation is the second;

- the M-N-M model is also the best to estimate the density
of TBA (LDPD < 0.56) while other correlations show poor
and comparable accuracy.

Tables 4-7 present the comparisons of the the Mchaweh–
Nasrifar-Mashfeghian, Hankinson - Thomson, Yamada -
Gunn, and Reid et al. models applied to estimate the liquid
density for MTBE+n-hexane, MTBE+n-heptane,
MTBE+benzene and MTBE+TBA respectively.

The values of the liquid density calculated ρcalc with the
four models presented in this work have been compared
with the experimental values of this property ρexp by using
the root mean square deviation σ [11]:

(20)

where nDAT  is the number of experimental data.

Table 3
LDPD FOR PREDICTION OF LIQUID DENSITY OF PURE COMPOUNDS

 USING DIFFERENT THEORETICAL MODELS

Figure 1-4 are root mean square deviations plot for the
M-N-M, H-T, Y-G, and R-R models for the prediction of liquids
density of MTBE + n-hexane, MTBE + n-heptane, MTBE +
benzene and MTBE + TBA respectively. The data presented
in tables 4-7 and in  figures 1-4 reveal that:

Fig. 2. Root mean square deviation of the density predictions
of MTBE + n-heptane mixtures

Fig. 1. Root mean square deviation of the density predictions
of MTBE + n-hexane mixtures
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- the M-N-M theoretical model is the best to predict the
liquid density of the mixtures studied in this work;

- the accuracy of the studied models follows the
sequence: M-N-M>Y-G>R-R>H-T;

- MTBE+TBA mixture values of root mean square
deviations calculated with H-T, Y-G and R-R models are an

Fig. 4. Root mean square deviation of the density predictions
of MTBE + TBA mixtures

Fig. 3. Root mean square deviation of the density predictions
of MTBE + benzene mixtures

Table 4
LIQUID DENSITY OF THE MTBE+ n-HEXANE CALCULATED

WITH M-N-M, H-T, Y-G, AND R-R EQUATIONS

order size higher than those calculated with M-N-M
correlation;

- for the MTBE+(n-hexane, n-heptane and benzene)
systems the values of root mean square deviations
calculated with M-N-M and Y-G models have the same
order of size and are smaller than the values calculated
with the other correlations;
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Table 6
LIQUID DENSITY OF THE MTBE+ BENZENE CALCULATED

WITH M-N-M, H-T, Y-G, AND R-R EQUATIONS

Table 5
LIQUID DENSITY OF THE MTBE+ n-HEPTANE CALCULATED

WITH M-N-M, H-T, Y-G, AND R-R EQUATIONS

326

- there is no systematic influence of temperature on root mean square deviations.
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Conclusions
Four theoretical models were studied to predict the liquid

density of MTBE+(n-hexane, n-heptane, benzene and TBA)
at the range 288.15-313.15 K and atmospheric pressure,
over the whole concentration range. All theoretical models
studied in this work predict with accuracy the liquid density
of the pure compounds. The M-N-M correlation shows the
best results for all mixtures investigated. The Y-G model
with the mixing rules proposed in this work gives also
accurate results for MTBE+(n-hexane, n-heptane and
benzene). The accuracy of the studied models for the
binary mixtures analyzed in this work follows the sequence:
M-N-M>Y-G>R-R>H-T.
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